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Let S = {a1 , a2 , . . . , a` } be a finite set of nonzero integers. From basic field theory it is known
that the degree of the field
√ √
√
Q( a1 , a2 , . . . , a` )
is 2t for some integer 0 ≤ t ≤ `, depending on the algebraic cancellations among the ai .
The authors prove in this paper that t = ` − k, where 2k is the sum of the number of subsets
of S of even cardinality the product of whose elements is a square and the number of subsets of
odd cardinality the product of whose elements is a square. The theorem is proved using density
arguments and Chebotarev’s Density Theorem. The problem of determining t is reduced to the
problem of generating complete factorings of the ai followed by some linear algebra on a matrix
of size ` × r, where r is the total number of primes used in factoring the ai .
Reviewed by Duncan A. Buell
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